Abstract: Despite the construction of several curved prestressed concrete girder bridges with corrugated steel webs (CSWs) around the world; their shear behavior has seldom been investigated. Accordingly, this paper substitutes the lack of available information on the global elastic shear buckling of a plane curved corrugated steel web (PCCSW) in a curved girder. This is based on the equilibrium equations and geometric equations in the elastic theory of classical shells, combined with the constitutive relation of orthotropic shells. Currently, the global elastic shear buckling process of the PCCSW in a curved girder is studied, for the first time in literature, with an equivalent orthotropic open circular cylindrical shell (OOCCS) model. The governing differential equation of global elastic shear buckling of the PCCSW, as well as its buckling strength, is derived by considering the orthotropic characteristics of a corrugated steel web, the rational trigonometric displacement modes, Galerkin's method and variational principles. Additionally, the accuracy of the proposed theoretical formula is verified by comparison with finite element (FE) results. Moreover, the expressions of the inner or outer folded angle and radius of curvature are given by the cosine theorem of the trigonometric function and inverse trigonometric function. Subsequently, parametric analysis of the shear buckling behavior of the PCCSW is carried out by considering the cases where the radius of curvature is constant or variable. This parametric analysis highlights the effects of web dimensions, height-to-thickness ratio, aspect ratios of longitudinal and inclined panels, corrugation height, curvature radius and folded angles on the elastic shear buckling strength. As a result, this study provides a theoretical reference for the design and application of composite curved girders with CSWs.
Introduction
The prestressed concrete girder bridge with corrugated steel webs (CSWs) is a novel type of composite structure. It is made with a folded steel web and concrete flanges. Accordingly, it combines the advantages of the mechanical properties of both concrete and steel and significantly increases the structural strength-to-weight ratio. Compared with traditional concrete webs, CSWs can solve the problem of web cracking and improve, to some extent, the span capacity. This novel structure, indeed, has many other advantages, such as low manufacturing cost, high prestressing efficiency and convenience for assembly construction. As a novel composite thin-walled structure, bridge girders with CSWs date back to the 1980s when the first bridge was constructed in France. They were widely applied in Japan soon afterward [1] , such as the Shirasawa Bridge and Shintogawa Bridge shown in Figure 1 with a certain horizontal curvature. Since 2005, prestressed concrete girders with CSWs have been vigorously promoted in China, e.g., the Yuwotou curved girder bridge of Guangzhou Province and No. 3 East River curved bridge located in Sichuan Province. With the maturing of design theory of bridge girders with CSWs and improvement of the level of manufacture and construction, this new type of bridge is becoming increasingly competitive in medium and large bridge construction. Thus, CSWs can widely be used for highways, viaducts, and ramp girder bridges, adding a beautiful curvilinear appearance. increases the structural strength-to-weight ratio. Compared with traditional concrete webs, CSWs can solve the problem of web cracking and improve, to some extent, the span capacity. This novel structure, indeed, has many other advantages, such as low manufacturing cost, high prestressing efficiency and convenience for assembly construction. As a novel composite thin-walled structure, bridge girders with CSWs date back to the 1980s when the first bridge was constructed in France.
They were widely applied in Japan soon afterward [1] , such as the Shirasawa Bridge and Shintogawa Bridge shown in Figure 1 with a certain horizontal curvature. Since 2005, prestressed concrete girders with CSWs have been vigorously promoted in China, e.g., the Yuwotou curved girder bridge of Guangzhou Province and No. 3 East River curved bridge located in Sichuan Province. With the maturing of design theory of bridge girders with CSWs and improvement of the level of manufacture and construction, this new type of bridge is becoming increasingly competitive in medium and large bridge construction. Thus, CSWs can widely be used for highways, viaducts, and ramp girder bridges, adding a beautiful curvilinear appearance. As a type of a thin-walled structure, shear buckling is the controlling factor in the design process of beams with CSWs. Thus, many scholars have studied their buckling behavior, including local and global buckling, of prismatic girders with CSWs [2] [3] [4] [5] [6] [7] [8] [9] [10] [11] [12] . The global elastic shear buckling stress formulas of corrugated webs were given by Easley [13] and Galambos [14] considering different buckling factors, and later, the formulas were applied to prismatic or non-prismatic girders with CSWs [15] . Based on a series of experiments, Hamilton (1993) [2] , and Sayed-Ahmed (2005) [3] held the view that shear forces were mainly carried by CSWs and that structural failure was caused by shear buckling of the steel web. Johnson (1997) found that stress in the CSW is generated only by the vertical shear forces, while the shrinkage, creep, prestressing and temperature of the upper and lower concrete flanges have little effect on the web [4] . Hassanein et al. (2014 Hassanein et al. ( , 2015 Hassanein et al. ( , 2016 ) performed a theoretical study, primarily on the shear buckling behavior of tapered bridge girders with CSWs, and then obtained a strength design formula for these webs [15] [16] [17] . Subsequently, Hassanein et al. (2017) numerically presented the nonlinear shear buckling response combined with the advantages of both high-strength steel and bridge girder with CSWs [18] . Leblouba et al. (2017) experimentally and numerically studied the shear behavior of trapezoidal corrugated webs from the pre-buckling stage until ultimate failure [19] . Based on experimental and theoretical analysis, first studied the shear stress distribution and shear deformation in non-prismatic beams with CSWs [20] [21] [22] . On the other hand, Basher et al. [23] studied the nonlinear shear strength of curved composite plate girders with CSWs. The girders were assumed straight, in the first step of their design model, and the shear strengths of the girders were taken as the sum of the web buckling load, the web post buckling strength and the flanges contribution, besides that of the concrete slab. Then, this strength was extended to the curved girders with CSWs by applying a modification factor that considers the bending of the curved girders. From the authors' view point, obtaining the buckling load of the curved CSW would better be presented based on theoretical derivations than just CSWs CSWs As a type of a thin-walled structure, shear buckling is the controlling factor in the design process of beams with CSWs. Thus, many scholars have studied their buckling behavior, including local and global buckling, of prismatic girders with CSWs [2] [3] [4] [5] [6] [7] [8] [9] [10] [11] [12] . The global elastic shear buckling stress formulas of corrugated webs were given by Easley [13] and Galambos [14] considering different buckling factors, and later, the formulas were applied to prismatic or non-prismatic girders with CSWs [15] . Based on a series of experiments, Hamilton (1993) [2] , and Sayed-Ahmed (2005) [3] held the view that shear forces were mainly carried by CSWs and that structural failure was caused by shear buckling of the steel web. Johnson (1997) found that stress in the CSW is generated only by the vertical shear forces, while the shrinkage, creep, prestressing and temperature of the upper and lower concrete flanges have little effect on the web [4] . Hassanein et al. (2014 Hassanein et al. ( , 2015 Hassanein et al. ( , 2016 ) performed a theoretical study, primarily on the shear buckling behavior of tapered bridge girders with CSWs, and then obtained a strength design formula for these webs [15] [16] [17] . Subsequently, Hassanein et al. (2017) numerically presented the nonlinear shear buckling response combined with the advantages of both high-strength steel and bridge girder with CSWs [18] . Leblouba et al. (2017) experimentally and numerically studied the shear behavior of trapezoidal corrugated webs from the pre-buckling stage until ultimate failure [19] . Based on experimental and theoretical analysis, first studied the shear stress distribution and shear deformation in non-prismatic beams with CSWs [20] [21] [22] . On the other hand, Basher et al. [23] studied the nonlinear shear strength of curved composite plate girders with CSWs. The girders were assumed straight, in the first step of their design model, and the shear strengths of the girders were taken as the sum of the web buckling load, the web post buckling strength and the flanges contribution, besides that of the concrete slab. Then, this strength was extended to the curved girders with CSWs by applying a modification factor that considers the bending of the curved girders. From the authors' view point, obtaining the buckling load of the curved CSW would better be presented based on theoretical derivations than just applying a modification factor to the straight web configuration. Note that some new research fields were extended in recent years, for instance, Bedon investigated the buckling behavior of timber log-walls and other composite structures through theoretical analysis and finite element simulation [24, 25] .
From the aforementioned research, it could be drawn that these studies involving only the shear buckling of straight girders with CSWs have made some progress and are constantly improving, but few studies have focused on the shear behavior of curved girders with CSWs. However, the mechanical behavior of curved girders with CSWs is quite different from that of straight girders due to the effect of the initial curvature or curvature radius and corrugation dimensions or folded angles. In addition, the bearing capacity of the structure is controlled by shear failure, and the bridge is in an elastic stage during construction and operation. Therefore, it is of great significance to determine the global elastic shear buckling strength of the plane curved corrugated steel web (PCCSW) with respect to both theory and engineering practice, instead of just applying a modification factor for the buckling values of straight webs. Moreover, in this study, the authors conducted preliminary theoretical and numerical studies on the global elastic shear buckling of PCCSWs in bridge girders. The results indicated that the global elastic shear buckling is more prominent in curved girders. Accordingly, this paper gives the complete data under overall elastic shear buckling conditions of CSWs in curved girders.
Basic Equations
The mechanical properties of engineering structures including novel bridge girders with CSWs are closely related to mechanics, especially the elastic response of bridges. For thin-walled shells used in engineering, the force distribution diagram of an orthotropic open cylindrical shell element is illustrated in Figure 2 ; the diagram shows a thin-walled structure considering the membrane effect. From the classical elasticity theory, the equilibrium equation, geometric equation and constitutive relation of an orthotropic open circular cylindrical shell (OOCCS) can be obtained:
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∂N xy ∂x 
Deformation geometric equations:
, γ xy = ∂u ∂y
Orthotropic constitutive equations:
where xyz denotes the cylindrical coordinate system, and the x-, y-and z-axes are the circumferential, vertical and radial directions, respectively. σ x , σ y and τ xy are the normal and shear stresses, respectively. ε x and ε y are the normal strains in the x-direction and y-direction, respectively, and γ xy is the shear strains. u, v and w are the circumferential, vertical and radial displacements, respectively. R is the radius of curvature. E x and E y are the Young's moduli in the x-direction and y-direction, respectively, and ν x and ν y are the Poisson's ratios in the x-and y-direction, respectively. Q x and Q y are the radial shear forces per unit length in the x-direction and y-direction, respectively. M x and M y are the bending moments per unit length in the x-and y-direction, respectively. N x and N y are the normal forces per unit length in the x-direction and y-direction and are defined as N x = tσ x and N y = tσ y , respectively. M xy and M yx are the twisting moments per unit length that satisfy the reciprocal theorem of torsion moment, that is, M xy = M yx . N xy and N yx are the membrane shear forces in the x-y plane per unit length that meet the shear stress reciprocal principle, namely, N xy = N yx = tτ xy = tτ yx , where t is the plate thickness. w = w(x, y) is a function depending on x and y. The relationships between the elastic constants of orthotropic materials are ν x /ν y = E x /E y , E = E x E y and ν = √ ν x ν y . In addition, u = −z ∂w ∂x and v = −z ∂w ∂y .
Derivation of the Governing Equations
Based on the above basic equations of classical elastic shell theory and orthotropic shell theory, the corresponding deformation compatibility equation of equivalent anisotropic shells is derived from the geometric equations given above in Equation (6):
The internal force of the shell can be obtained by the integration of the stress in the cross section expressed as the relation with displacement. Equation (9) is the displacement expression of the bending (M x and M y ) or torsional moment:
where D x and D y are the equivalent flexural stiffness in the x-and y-direction per unit length,
, and D y = . This equation indicates that the equivalent shell is different from the isotropic shell in the physical mechanism, and the differences in the elastic modulus and Poisson's ratio are reflected in the two perpendicular directions (i.e., the tangential and vertical directions) from the physical angle, which can further reflect the flexural rigidity in two directions. Substituting Equation (9) into Equations (4) and (5), the following equations concerning displacement expressions of shear forces can be obtained:
where D xy is the equivalent torsional stiffness in the x-y plane per unit length; D xy = 2ν y D x + Et 3 6(1+ν) . Let φ be an Airy stress function, satisfying Equations (1) and (2); then, we can obtain
Substituting the shear force expression of Equation (10) into Equation (3), the following equation can be obtained:
Applying the strain expression in Equation (7) to Equation (8), the following equation can be obtained:
Using Equation (11), Equations (12) and (13) become
where L(w, σ) is a nonlinear term, and S(w, w) is a higher order term.
Due to the external forces per unit thickness of the shell boundary causing the principal compressive stresses p x , p y and p xy , the following equations can be obtained:
Formulation of the Problem
Currently, the plane curved CSW of composite curved girder bridges is considered as an orthotropic open circular cylindrical shell, and equivalent orthogonal open cylindrical shell can be regarded as a continuous, homogeneous, orthotropic and perfectly elastic body, as shown in Figure 3 . Applying Equation (17) to the nonlinear term in Equation (14) and only considering the pure shear state results in P xy = tp xy = −tτ xy . Then neglecting the higher order term in Equation (15), the global elastic shear buckling control differential equation of a PCCSW can be written as follows: The governing differential Equations (18) and (19) can be reduced to an isotropic cylindrical shell equation, that is, a Donnell equation [26] , which shows the rationality of the governing differential equations. In addition, the equivalent stiffness of the CSW used in the design guideline for composite bridges in Japan can be expressed as follows [27] : 
Here, s E and s ν are the elastic modulus and Poisson's ratio of steel, respectively, r h is the corrugation depth of the CSW, s is the total folded panel segment length of single periodic corrugation, and l is the projection length of s in relation to the longitudinal curved axis.
Solution of the Governing Differential Equations
Equations (18) and (19) can be combined into an eight-order differential equation with different bending stiffnesses and elastic moduli with regard to curvature radius. The mathematical software MAPLE (Maple V, Waterloo Maple Inc., Waterloo, Ontario Prov., Canada and 2012) [28] is used in subsequent calculations, which can accurately be used to perform differential and integration operations. The governing differential Equations (18) and (19) can be reduced to an isotropic cylindrical shell equation, that is, a Donnell equation [26] , which shows the rationality of the governing differential equations. In addition, the equivalent stiffness of the CSW used in the design guideline for composite bridges in Japan can be expressed as follows [27] :
Displacement Model and the Galerkin Method
Here, E s and ν s are the elastic modulus and Poisson's ratio of steel, respectively, h r is the corrugation depth of the CSW, s is the total folded panel segment length of single periodic corrugation, and l is the projection length of s in relation to the longitudinal curved axis.
Solution of the Governing Differential Equations
Equations (18) and (19) can be combined into an eight-order differential equation with different bending stiffnesses and elastic moduli with regard to curvature radius. The mathematical software MAPLE (Maple V, Waterloo Maple Inc., Waterloo, Ontario Prov., Canada and 2012) [28] is used in subsequent calculations, which can accurately be used to perform differential and integration operations.
Displacement Model and the Galerkin Method
Note that if the arc length of the equivalent elastic shell is greater than the height, the buckling value remains stable. This is because the buckling value is independent of the length, especially the long narrow shells [16, 29] . According to the deflection surface function of a long narrow shell, considering the distance between the intersegmental lines on both sides of the global shear buckling semiwave surface λ, the slope of intersegmental line β, and shell height H, the deflection surface equation and the stress function expression of a simply supported boundary shell are as follows:
On the basis of the mathematical model formed by differential Equations (18) and (19) and displacement Equations (21) and (22), the Galerkin method is used based on the principle of virtual displacement, namely, the work done by the generalized force (Equations (18) and (19)) on the generalized virtual displacement (Equations (21) and (22)), respectively, is zero.
where δ is a variational operator. Due to variation, δA and δB are arbitrary and they not equal to zero. Thus:
According to the orthogonality principle of a trigonometric function, in terms of Equations (21) and (22) and their derivatives, Equation (26) can be expressed as
; then,
In terms of the orthogonality principle of a trigonometric function, substituting Equations (21) and (22) and their derivatives into Equation (25) , the following equation can similarly be given:
Functional Extremum Value
Since the length of the PCCSWs used in composite curved bridge girders is greater than the height, the height of the global elastic shear buckling semiwave surface is filled with the entire height range of the PCCSW. A variation of the internodal line slope or of the internode distance along the length of the PCCSW is made to obtain the global elastic shear buckling value of the maximum semiwave of the PCCSW. Because it involves the solution of the extremum value, the first-order partial derivatives of P xy with respect to β and λ can be obtained:
By Equation (31) , the following equations can be obtained: Here, γ can be viewed as the curvature parameter; by Equation (30) , the following equation can be obtained:
By Equations (32)- (34), the following equation can be obtained:
Substitution of Equations (32) and (35) into Equation (28) and then into Equation (33) allows the following equation to be obtained:
Similarly, by applying Equations (32) and (35) to Equation (28) and then to Equation (29), the following equation of the global elastic shear buckling force unit length of the PCCSW can be obtained:
Taking R from Equation (36) to infinity, Equation (37) is transformed into the global elastic shear buckling formula for the CSW used in composite straight girders, which agrees well with the Easley formula [13] . Simultaneously, the accuracy of the algorithm is verified.
Numerical Study and Comparison
In this paper, finite element (FE) models of PCCSW are developed using the general application software ANSYS (ANSYS 12.1, ANSYS Inc., Canonsburg, PA, USA and 2012) [30] for the numerical investigation and parametric analysis. In this study, the elastic buckling modes are extracted from the static general models. The results of the theoretical and numerical analysis are then compared.
Element Type and Material Properties
The quadrilateral finite-membrane-strain shell element (Shell63) with both bending and membrane capabilities was used for modeling the three dimensional model PCCSW without flanges and stiffeners. This general purpose three dimensional reduced integration element with a 4-node elastic thin shell element is an appropriate element for most applications, and it is specified by its thickness. Each node of the element has six degrees of freedom, namely, translational displacements along the x, y and z directions and rotational displacement around each axis. For complex buckling behavior, it provides accurate and reliable solutions. Material properties adopt the elastic stress-strain relationship of steel, as shown in Table 1 , and at the same time, the material characteristics of the equivalent orthotropic shell are given. 
Geometry and Mesh
The typical finite element mesh of a PCCSW is shown in Figure 4 , which is generated by using lines and areas. Finite element mesh sizes of 80 mm × 80 mm are used for each longitudinal panel and inclined panel of the PCCSW. In the mesh partition stage, the number of elements belong to each panel segment of the PCCSW is more reasonable in the finite element simulation. Additionally, mapped meshing is adopted. Four elements were used for meshing longitudinal and inclined panels due to the transfer of longitudinal loads along the edge of the web from the inclined panel to the longitudinal panel.
Numerical analysis using large general-purpose software ANSYS and theoretical verification are performed in the following analysis. The data are shown in the following tables. The finite element model is shown in Figure 4. 1 n 
Loading and Boundary Conditions
The PCCSW is prevented from translational movements in some directions, while the rotational displacements are excluded in all directions. The translational restraints of the AD and BC edges are under the restrained state except in the shear load direction. All the longitudinal and inclined panels of the AB and CD edges are subjected to radial restraints, and the boundaries of AB and CD are also Numerical analysis using large general-purpose software ANSYS and theoretical verification are performed in the following analysis. The data are shown in the following tables. The finite element model is shown in Figure 4 .
The PCCSW is prevented from translational movements in some directions, while the rotational displacements are excluded in all directions. The translational restraints of the AD and BC edges are under the restrained state except in the shear load direction. All the longitudinal and inclined panels of the AB and CD edges are subjected to radial restraints, and the boundaries of AB and CD are also subjected to longitudinal restraints at the midpoint of all inclined panels. The shear load is uniformly distributed along edge BC. The considered simply supported boundary conditions, representing the lower bound conditions in real bridge girders, are shown in Table 2 . It is worth pointing out that these boundary conditions have been verified by the co-author [32] by comparing the critical buckling stresses of flat webs with the theoretical predictions [29] . 
A uniform nodal force is applied along the boundary BC. The sum of all nodal forces on the edge is the unit force. Thus, each nodal force is 1/n, where n is the node number. Figure 5 represents the positive first order global elastic shear buckling mode of the PCCSW, which is the most conservative mode in the structural buckling calculation [17] . The elastic buckling eigenvalue calculated by FEM and the critical buckling value of the finite element can be calculated by:
where buckling eigenvalue extraction uses the block Lanczos method, and the middle surface value of the shell is extracted by finite element results.
where buckling eigenvalue extraction uses the block Lanczos method, and the middle surface value of the shell is extracted by finite element results. 
Trigonometric Relation between the Dimensions of PCCSW
To determine the relationship between the geometric variables of the PCCSW, a single wavelength PCCSW is taken, as shown in Figure 6 . Here, s is a single wavelength, l is the projected length of a single wavelength in relation to the longitudinal axis, a is the length of the longitudinal 
To determine the relationship between the geometric variables of the PCCSW, a single wavelength PCCSW is taken, as shown in Figure 6 . Here, s is a single wavelength, l is the projected length of a single wavelength in relation to the longitudinal axis, a is the length of the longitudinal panel, c is the length of the inclined panel, b is the projected length of the inclined panel in relation to the longitudinal axis, R is the radius of curvature, h r is the amplitude height of the PCCSW, t is the panel thickness, θ is the angle of the inclined panel in relation to the tangent line of the longitudinal axis, θ 1 is the outer folded angle, θ 2 is the inner folded angle, and α 1 , α 2 , α 3 , α 4 and α 5 are all auxiliary angles. Because of the difference between the inside and outside folded angles, the curved shape appearance of the PCCSW is formed.
The following equations (expressions about a, R, h r and c) are obtained in accordance with the triangle cosine theorem: panel, c is the length of the inclined panel, b is the projected length of the inclined panel in relation to the longitudinal axis, R is the radius of curvature, hr is the amplitude height of the PCCSW, t is the panel thickness, θ is the angle of the inclined panel in relation to the tangent line of the longitudinal axis, θ1 is the outer folded angle, θ2 is the inner folded angle, and α1, α2, α3, α4 and α5 are all auxiliary angles. Because of the difference between the inside and outside folded angles, the curved shape appearance of the PCCSW is formed. 
Angle Relationship of PCCSW
In virtue of the sum of angles being a perigon or straight angle, the equations are as follows: 
In virtue of the sum of angles being a perigon or straight angle, the equations are as follows:
In terms of Equations (39), (40) and (46), using inverse operation of the trigonometric function, the expression for the outer folded angle is obtained:
In a similar manner, in terms of Equations (41), (42), (44), and (45), the expression for the inner folded angle is obtained:
In terms of Equation (43), the expression for the angle of the inclined panel in relation to the tangent line of the longitudinal axis is obtained:
Parametric Analysis and Comparison
To analyze the pure shear global elastic shear buckling behavior of PCCSW, the corrugation dimensions of CSWs for existing bridges [8] , given in Table 3 , are used. The ratios of parameters for the current analysis of the global shear buckling are:
• Radius of curvature: R = 30 m-110 m (30 m is the smallest curvature radius of a steel-concrete composite curved bridge [33] , which is the most challenging curvature radius for a curved girder bridge with CSWs in the future; 110 m is the minimum curvature radius of the existing curved girder bridge with CSWs, which has already been built in China, namely, Yuwotou Bridge [34] located in Guangzhou, Guangdong).
In the range of the above ratios of parameters, considering the relatively high web height of the bridge, the overall buckling is easy to occur. Additionally, local buckling and interactive buckling are not the main points discussed in this paper, so they are omitted in the data analysis.
It can clearly be observed from Table 4 and Figure 7 that the critical shear stress of the global elastic shear buckling of PCCSW (e.g., for R = 110 m) increases with the increase of panel thickness t and with the reduction of both the height H and the height-to-thickness ratio (H/t). The greater H/t is, the smaller the absolute difference between the theory and finite element values is. Moreover, theoretical values τ cr,T of the 63 sets of data are in good agreement with the corresponding finite element values τ cr,F as shown in Table 4 and Figure 8 ; the mean of the τ cr,F /τ cr,T ratios is 1.00, and the covariance is 0.09, and the max and min values are 1.15 and 0.84, respectively. Thus, the accuracy of the theoretical values is verified. As seen from Figure 9 , considering Cognac Bridge as an example, when the radius of curvature and the height of the PCCSW are constant at R = 110 m and H = 4032 mm, the global shear buckling stress of the PCCSW increases with the decrease of aspect ratios a/H and c/H of a single panel (longitudinal panel or inclined panel). It is also clear from the figure that the global shear buckling strength of the PCCSW is more sensitive to c/H than to a/H. This is reasonable as the global buckling involves out of plane deformation for the corrugated web which is resisted by the inclined folds. Hence, changing the width of the inclined folds become greater than that of the longitudinal folds. This result illustrates that for global shear buckling of PCCSW with constant curvature radius and height, the denser the corrugation is, the larger the buckling strength is. It is worth pointing out that these conclusions remain accurate with different corrugation dimensions as the results of the other bridge conditions are qualitatively similar to those of Cognac Bridge.
involves As seen from Figures 10-12 and Tables 5 and 6 , when the radius of curvature is constant at R = 110 m, it can be concluded that the global shear buckling stress of the PCCSW increases with the increase of the corrugation height hr. Additionally, the larger the web height-to-thickness ratio H/t is, the slower the growth trend is. Different angles, such as the outer corrugation angle θ1, the intersection angle θ of the central axis and the inner corrugation angle θ2 of the PCCSW, also increase with the increase of the corrugation height hr. Note that the outer corrugation angle θ1 is greater than the inner corrugation angle θ2; that is, these angles satisfy the inequality θ1 > θ > θ2, and the sum of θ1 and θ2 is slightly larger than two times θ. It can also be observed that the global shear buckling stress of the PCCSW increases with the increase of the inner and outer corrugation angles and it shows a steady increasing trend. It can also be confirmed that the critical finite element values of the global elastic shear buckling are well matched with the theoretical results, as can be noticed from Table 5 . As seen from Figures 10-12 and Tables 5 and 6 , when the radius of curvature is constant at R = 110 m, it can be concluded that the global shear buckling stress of the PCCSW increases with the increase of the corrugation height h r . Additionally, the larger the web height-to-thickness ratio H/t is, the slower the growth trend is. Different angles, such as the outer corrugation angle θ 1 , the intersection angle θ of the central axis and the inner corrugation angle θ 2 of the PCCSW, also increase with the increase of the corrugation height h r . Note that the outer corrugation angle θ 1 is greater than the inner corrugation angle θ 2 ; that is, these angles satisfy the inequality θ 1 > θ > θ 2 , and the sum of θ 1 and θ 2 is slightly larger than two times θ. It can also be observed that the global shear buckling stress of the PCCSW increases with the increase of the inner and outer corrugation angles and it shows a steady increasing trend. It can also be confirmed that the critical finite element values of the global elastic shear buckling are well matched with the theoretical results, as can be noticed from 
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Maupre θ H/t=315 Maupre θ 2 H/t=315 As shown in Figure 13 , the global elastic shear buckling stress of PCCSW increases with the decrease of the curvature radius R, especially when R < 60 m. When the buckling strength is large, the sensitivity of the difference between web height-to-thickness ratios H/t of the two adjacent curves to the absolute difference of the buckling strength becomes great. As noted before, the global elastic shear buckling strength of PCCSW with a small radius of curvature is greater than that of the others. Hence, the absolute shear strength increases obviously, especially for the large CSW with large corrugation dimensions and a small radius of curvature. On the other hand, Figure 14 and Table 7 show that the strength of the CSW used in the curved girder bridge is higher than that of the straight girder bridge. It also illustrates that PCCSW, to some extent, has a stiffening effect on the entire structure under pure shear conditions. As shown in Figure 13 , the global elastic shear buckling stress of PCCSW increases with the decrease of the curvature radius R, especially when R < 60 m. When the buckling strength is large, the sensitivity of the difference between web height-to-thickness ratios H/t of the two adjacent curves to the absolute difference of the buckling strength becomes great. As noted before, the global elastic shear buckling strength of PCCSW with a small radius of curvature is greater than that of the others. Hence, the absolute shear strength increases obviously, especially for the large CSW with large corrugation dimensions and a small radius of curvature. On the other hand, Figure 14 and Table 7 show that the strength of the CSW used in the curved girder bridge is higher than that of the straight girder bridge. It also illustrates that PCCSW, to some extent, has a stiffening effect on the entire structure under pure shear conditions. As shown in Figures 15 and 16 and Tables 7 and 8 , as the radius of curvature R of PCCSW decreases, the outer corrugation angle increases, while the inner corrugation angle decreases. Also, for the same case, the intersection angle of the inclined panel in relation to the tangent line of the longitudinal axis θ decreases slowly, and obviously the outer corrugation angle θ1 increases faster than that of the inner corrugation angle θ2. With regard to buckling stress, it can be concluded from Figure 16 that when the radius of curvature R is reduced, the global elastic shear buckling stress of PCCSW increases with the increase of the outer corrugation angle θ1 and with the reduction of both the intersection angle θ of the central axis and the inner corrugation angle θ2, and the increasing speed is slower than that of θ1. As shown in Figures 15 and 16 and Tables 7 and 8 , as the radius of curvature R of PCCSW decreases, the outer corrugation angle increases, while the inner corrugation angle decreases. Also, for the same case, the intersection angle of the inclined panel in relation to the tangent line of the longitudinal axis θ decreases slowly, and obviously the outer corrugation angle θ 1 increases faster than that of the inner corrugation angle θ 2 . With regard to buckling stress, it can be concluded from Figure 16 that when the radius of curvature R is reduced, the global elastic shear buckling stress of PCCSW increases with the increase of the outer corrugation angle θ 1 and with the reduction of both the intersection angle θ of the central axis and the inner corrugation angle θ 2 , and the increasing speed is slower than that of θ 1 . As shown in Figures 15 and 16 and Tables 7 and 8 , as the radius of curvature R of PCCSW decreases, the outer corrugation angle increases, while the inner corrugation angle decreases. Also, for the same case, the intersection angle of the inclined panel in relation to the tangent line of the longitudinal axis θ decreases slowly, and obviously the outer corrugation angle θ1 increases faster than that of the inner corrugation angle θ2. With regard to buckling stress, it can be concluded from Figure 16 that when the radius of curvature R is reduced, the global elastic shear buckling stress of PCCSW increases with the increase of the outer corrugation angle θ1 and with the reduction of both the intersection angle θ of the central axis and the inner corrugation angle θ2, and the increasing speed is slower than that of θ1. 
Conclusions
In this paper, CSWs in composite curved girders were analyzed by an orthotropic open cylindrical shell modelling. Theoretical derivation of the shear strength and parameter analysis of the global elastic shear buckling behavior of PCCSW was carried out. Based on the detailed study described in this paper, the following conclusions are obtained:
(1) According to the elastic theories of shells and orthotropic materials, the governing differential equations of global elastic shear buckling of PCCSW were given. Through a reasonable dis-placement mode, the critical shear stress of the PCCSW of a composite curved girder was obtained by using the Galerkin method and the variational extremum principle. (2) The correctness of the proposed theoretical buckling formula was verified by the parametric analysis of a series of finite element models. A comparison of the numerical results of the finite element models with theoretical results showed good agreement. It was found that the denser the corrugation of PCCSW with constant curvature radius and height is, the larger the buckling strength is. Additionally, the global shear buckling strength of PCCSW was found to be more sensitive to the variation of the inclined panel width than to that of the longitudinal panel.
Moreover, the outer folded angle was found to be greater than the inner folded angle, and the sum of the outer and inner folded angles is slightly larger than two times the intersection angle between the inclined panel and the tangent line of the longitudinal axis. Additionally, the results indicated that the global elastic shear buckling stress of PCCSW increases with a decrease in the curvature radius, especially when R < 60 m. Thus, PCCSW has a stiffening effect on the entire structure under the pure shear condition. (3) Through analysis of the influence of a constant or variable radius of curvature on buckling performance, the following rules were obtained: when the radius of curvature is constant, the smaller the web height and the ratio of web height-to-thickness are or the greater the web thickness and the corrugation height are, the higher the global elastic shear buckling strength of PCCSW is. However, the global shear buckling critical stress of PCCSW increases with a decrease in the radius of curvature of the PCCSW and its inner angle and an increase in the outer folded angle. (4) By considering the characteristic of PCCSW, namely, there exist a common effect of geometric curvature and orthotropic properties, the effect of these key factors are considered in the calculation of the global elastic shear buckling of CSWs in a composite curved girder for the first time.
Finally, to the authors' opinion, this study can provide a theoretical reference for the design and application of composite curved girders with CSWs, instead of just applying a modification factor for the straight girder's calculations. The applicability of such buckling formula for the use in calculating the ultimate shear strength of curved composite girders is intended in further publication.
